1. Introduction. The purpose of this note is to present a general existence theorem for variational boundary value problems for quasilinear elliptic operators in divergence form:
A(u)= £ (-lpD«A a (x,u,...,V>»u) 9 |a|£ro in the case where the coefficients A^ do not have polynomial growth in u and its derivatives. The crucial points in the treatment of rapidly (or slowly) increasing A^s are that the Banach spaces in which the problems are appropriately formulated are nonreflexive and that the corresponding operators are not bounded nor everywhere defined and do not generally satisfy a global a priori bound. This existence theorem is based upon an extension of the theory of not everywhere defined unbounded pseudomonotone mappings (Browder [5] , [6], Browder-Hess [7] ) to the context of complementary systems. Detailed proofs will appear elsewhere. The author wishes to thank F. E. Browder for several stimulating conversations.
2. Main results. We will use the following notations. If £ = {£ a :|a| ^ m} eR Sm is a m-jet, then f = {£ a : |a| = m} eR $m denotes its top order part and r\ = {Ç a : |a| < m} e R Sm l its lower order part; for u a derivable function, £(u) denotes {Z) (ii) There exist iV-functions M and N with JV « M, a(x) e EM(CI) and b,ceR
for all x in Q and £ in H*-. (This assumption can be weakened using the Sobolev imbedding theorem of [9] .) (iii) For each x in Q, rj in H*- for fixed x, that the functions M, N, a(x) and the constants b 9 c of (ii) can be chosen independently of t and that the convergence in the second part of (iii) is uniform in t Briefly we will say that (i), (ii), (iii) are satisfied uniformly in t. Existence theorems for problems of this type were first obtained by Visik [14] , [15] using a priori estimates on (m + l)st derivatives. In the case of coefficients with polynomial growth, monotonicity methods were first applied to these problems by Browder [2] ; basic improvements of Browder's original results were given by Leray-Lions [12] who introduced condition (iii) and proved an analogue of Theorem 2, and by Browder [4] who considered noncoercive problems and proved an analogue of Theorem 1. In the case of rapidly increasing coefficients, Donaldson [8] (see also [10] we will refer to it as the complementary system generated by Y. An (equivalent) norm || || E on E will be called admissible if it is lower semicontinuous for a(E, F 0 ) and satisfies (y, z> ^ \\y\\ E ||z|| F for all y in E and z in F, where || || F is obtained by first restricting || || £ to E 0 and then taking the dual norm. DEFINITION (u t )} ^ <n, i;>, it follows that w G Z)(T,), T t {u) = i; and lim<w l -, T ti (ui)} = <w, v>. In particular, each mapping T t is pseudomonotone with respect to V (where the latter is defined in a similar way).
The following two theorems, together with a geometric result of Rao Pseudo-monotonicity was introduced by Brézis [1] ; the extension of Brézis' original results to non everywhere defined unbounded mappings in reflexive Banach spaces was carried out by Browder-Hess [7] , with applications in Browder [5] to partial differential equations. The concept of pseudo-monotone homotopy is due to Browder [5], [6] . Complementary systems were defined in [9] .
